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Abstract—We investigate the primary user emulation (PUE)
attack which is a serious security problem in cognitive radio
(CR) networks. There exist three types of PUE attackers: i)
selfish one which aims at maximizing its selfish usage of channel
resource, ii) malicious one which points for obstructing the
operation of CR network, and iii) mixed between selfish and
malicious PUE attacker. For combating a selfish PUE attacker, a
channel surveillance process has to be implemented in order to
determine active user’s identification and so selfish PUE attacker.
An extra-sensing process has to be implemented for observing
new opportunities to access the channel and so for mitigating the
malicious PUE attacker’s effect. Relevant strategies for deploying
the above processes are obtained through a game theory-based
analysis and the exhibition of Nash equilibrium (NE). We show
the NE strongly depend on the network demand, the availability
of the spectrum resource, and the type of the attacker. We also
show the proposed defensive strategies (surveillance and extra
sensing) are efficient for combating the effects of PUE attackers.

Index Terms—cognitive radio, game theory, primary user
emulation attack, spectrum sensing, security

I. INTRODUCTION

COGNITIVE Radio (CR) has been proposed to be a
promising solution for improving spectrum usage by

enabling dynamic spectrum access. A prerequisite to this
kind of secondary access is that there has no interference to
primary or licensed system. This requirement makes spectrum
holes exploration to be a key function in cognitive radio
systems. Several approaches for determining spectrum holes
such as spectrum sensing and spectrum access database service
have been considered. Spectrum access database service-based
methods enable to provide an accurate and reliable spectrum
information service. However, the database-based approach is
expensive and requires perfect knowledge of primary system
including propagation models and locations of clients, and
fast dissemination of spectrum updates [1]. On the other
hand, spectrum sensing approaches provide a less accurate but
cheaper and more flexible method for discovering spectrum
holes for a wide range of network types. But, spectrum sensing
suffers from two security threats [2]: primary user emulation
(PUE) attack and spectrum sensing data falsification (SSDF)
attack.

SSDF attack is the attacking case where malfunction CR
users or malicious attackers may share incorrect sensing data
causing a degradation on the accuracy of the collaborative
spectrum sensing process, and hence on the operation of CR
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system. Several methods such as statistical reputation-based
attacker elimination [3]–[7], and consensus-based mechanisms
[8] have been proposed to counteract SSDF attack.

PUE attack is a more active attacking approach to the
spectrum sensing process where attackers emulate and transmit
a similar primary signal on the sensing period. The presence
of an emulated primary signal may lead to a prohibition
of secondary accessing to the sensed channel immediately.
Several works have investigated PUE attack problem. In [9],
the authors proposed localization-based transmitter verification
scheme to defend against PUE attack. CR system will verify
the location of primary transmitter through the received signal
power to determine whether the primary signal is original
or emulated. However, this method is inapplicable to mobile
primary transmitter cases. Furthermore, the received power of
PUE signal at CR users can be completely emulated by a
revived transmission with an array antenna. In [10], frequency
deviation feature of FM signal is utilized to distinguish be-
tween a primary wireless microphone signal and an emulated
one to combat the PUE attack. However, recent achievements
in hardware processing enable CR devices to generate a
emulated primary signal perfectly, without too much effort.
In [11], [12], another approach to defense against the PUE
attack is to treat the PUE signal as the same as a jamming
signal. Therefore, channel hopping is the proposed solution.
However, there still have vulnerabilities if attackers conducts
multiple channel attacks.

Notice that PUE attacks can be classified into two types:
selfish and malicious PUE attacks. A selfish PUE attack aims
at occupying attacked spectrum band for selfish use whereas
a malicious one aims at obstructing operation of CR network.
So selfish PUE is a security threat that affects the fairness
of the secondary access of CR system, while malicious PUE
is similar to the conventional Deny-of-Service (DoS) attack
which is an irresistible problem in wireless systems.

Depending on the type of PUE attack, we can determine
a good strategy to deal with. In the selfish PUE attack case,
an attacker usually uses the attacked channel selfishly after
succeeding in performing PUE attack at a sensing duration.
Meanwhile, it is possible to determine the users’ identifications
in any communication links. Therefore, a channel surveillance
process, which observes disallowed secondary-accessing chan-
nels on the data time after a sensing period, can help to detect
the illegal occupation of the channel and identify the selfish
PUE attacker. In the malicious PUE attack case, an attacker
mostly targets to transmit PUE signal at sensing period to fool
the spectrum sensing system of the CR network. Fortunately,
it is possible to retrieve the opportunity of using the attacked
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channel by re-sensing the attacked channel on the next data
time. Therefore, an extra-sensing process which senses “busy”-
declared channels at data duration can help to mitigate the bad
effect of the malicious PUE attack.

However the concern is about when and how often the
attacks and the channel surveillance or extra-sensing processes
should be performed by the attacker and CR system defender,
respectively. Since there are conflicting objectives and tradeoff
between cost and benefit of both attacker and defender, game
theory, which mathematically studies the interaction among in-
dependent, self-interested players [13] is well-adapted. Notice
that game theory has already been used in many similar (but
different) CR network problems [11], [14]–[16]. For example,
[11] deals with PUE attack and game theory, but its authors
focused on the optimization of the probabilities to sense or
attack one channel among several ones through the derivations
of the Nash equilibrium. In this paper, we do not deal with
avoiding the attack but rather with catching the attacker and
switching on the surveillance process as seen later.

Our problem is formulated as a non-zero-sum game with
incomplete information [17] for the selfish, malicious and
mixed (selfish and malicious) cases, and the corresponding
actions, i.e., channel surveillance, channel extra-sensing and
mixed processes. As the game is non-collaborative since
each player would like to optimize its own objective without
collaborating and so discussing with the other one, the “most”
reasonable strategy for two players is to apply the strategy
provided by the Nash equilibrium (NE) points [18]. Therefore,
the main objective of the paper is to determine the NE of the
formulated games.

The remainder of this paper is organized as follows. In
section II, system model is provided. In section III, the game
for one type of PUE attack (either selfish or malicious ones)
is formulated. We especially exhibit closed-form expressions
of the NE for both types of attacks. In section IV, the general
surveillance game is investigated. In section V, some numerical
results are shown. Conclusions are drawn in section VI.

II. SYSTEM MODEL

A. Network model

We consider a CR network which performs secondary
access to a licensed band. In order to simplify the analysis
and focus on the effects of the proposed surveillance approach
on the PUE attack, we assume that the CR network includes
two separated sets: network management entities, which are
responsible to implement sensing and surveillance processes,
and network utilization entities, which are users exploiting the
services of the network.

As detailed in Fig. 1, time is divided into super-frames,
each of which includes sensing frame and data frame. In
sensing frame, dedicated sensing engines sense to detect
primary signal, while all users must vacate the channel to
ensure the accuracy of spectrum sensing process. The sensing
engines can adopt various sensing techniques, which may also
include cooperative sensing, as long as the sensing accuracy
is as high as possible. Since the sensing system, through the
network management set, is independent of network users set

which may include adversaries or malicious users, the sensing
results are assumed to be fair. So, before every data frame,
the network management set provides its information about
available channels by broadcasting the channel status to all
users. In data frame, users may adopt multiple coordination or
contention approaches to obtain channel access, if the channel
is announced to be free according to the result of the sensing
process. On the other hand, if the channel is announced to be
occupied by primary user, all secondary users are prohibited to
use the channel. Any secondary transmission on the disallowed
channel is illegal and considered as a PUE attacker.

Sensing 

frame
Data frame

Sensing 

frame
Data frame

Sensing 

frame
Data frame

 Super frame (i-1)-th  Super frame i-th  Super frame (i+1)-th 
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- All CR users must vacate the channel

- Selfish PUE attacker may use the channel.

- Malicious PUE attacker may continue transmitting

emulated signal.
 

Figure 1. Timing frame for network operation
B. Attack and counter-action model

To a certain channel, a PUE attacker can either transmit or
not transmit an emulated primary signal at a sensing frame.
We assume that the sensing engines cannot distinguish the
emulated and legitimate primary signals. Thus, the PUE attack
will not be detected in the sensing frame. In addition, during
PUE attack, the attacker cannot know the true status of primary
signal on the attacked channel because it is busy to transmit an
emulated primary signal in the same channel. This means that
the PUE attacker conducts the attack in a blind information
on the real primary signal’s status.

Concerning the defense against selfish PUE attacker, we
assume that a fixed format of data frame is used for ex-
changing data at all CR users including selfish users. The
format contains the identifying information of a user such
as medium access control (MAC) address. Therefore, CR
users can be identified by observing transmitted signal in data
frame. Channel surveillance process conducting on disallowed
secondary access channels can determine selfish attackers if
they are present. Once a selfish attacker has been detected,
punishments such as a network isolation or a bandwidth lim-
itation could be adopted to eliminate or penalize the attacker.
This surveillance process is assumed to be implemented by
network management entities. Concerning the defense against
malicious PUE attacker, we propose to re-sense the channel
before transmitting data to re-determine the true status of the
channel by an extra-sensing process within the data frame.

C. The PUE attack and side information probabilities

At a sensing frame, there are three possible participators
operating on the channel:
• The legitimate primary user which can have two follow-

ing states: “active” and “inactive”.
• The network management entity which always imple-

ments a sensing process for discovering the occupation
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state of the channel, and returns two possible statuses:
“busy”, and “idle”,
Notice that this response occurs when the spectrum
sensing detects an channel occupation because of the
presence of the primary user or of the attacker, or because
of a false alarm.

• And the PUE attacker which may perform two actions:
“attack” (A), and “no attack” (NA).

Let π0 be the probability that the primary user is inactive.
In the remainder of the paper, we also need the four additional
probabilities associated with the above-mentioned states:

• Let pA be the probability that the answer of the sensing
engine is busy when the attacker’s action is A. By
noting PF |A and PD|A as the false alarm and detection
probabilities of the spectrum sensing engine when the
channel is attacked, one can easily check that pA =
Pr [busy|A] = π0PF |A + (1− π0)PD|A .

• Let pN be the probability that the answer of the sensing
engine is busy when the attacker’s action is NA. Once
again, by noting PF and PD as the false alarm and detec-
tion probabilities of the spectrum sensing engine when the
channel is not attacked, we have pN = Pr [busy|NA] =
π0PF + (1− π0)PD.

• Let ρA be the probability that the channel is not used by
the primary user while the sensing engine claims busy
and the attacker attacks. Thus ρA = Pr [inactive|busy,A].
Using Bayes’s rule, we obtain ρA = π0PF |A/pA.

• Let ρN be the probability that the channel is not
used by the primary user while the sensing engine
claims busy and the attacker does not attack. Hence
ρN = Pr [inactive|busy,NA]. Similarly, we have ρN =
π0PF /pN .

III. THE SINGLE TYPE OF ATTACKER CASE

In this section, we formulate the game where the PUE
attacker has one of the two behaviors: the selfish case and
the malicious case.

A. Elements of the game

The game for a single type of attacker is illustrated in Fig. 2.
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Figure 2. The common game for the single attacker type case

1) Player set: Γ = {Attacker,Defender}.
• Attacker who emulates a primary user in order to use the

channel for its own interest.
• Defender who monitors the channel in order to defense

against Attacker.
2) Pure strategy set: At a sensing frame, i.e., the beginning

point va0 in Fig. 2, an attacker may select action A or action
NA. The sensing engine conducts the sensing process and
returns either state “busy” or state “idle”. Thus, there are
four possible events {A, busy}, {A, idle}, {NA, busy}, and
{NA, idle} which define four corresponding information sets
va1, va2, va3, and va4.

During the data frame, for each information set, the attacker
can select the actions accordingly.
• At va1, i.e., {A, busy} event, the attacker may select

action Extra-action (X) to perform an extra-action on
the attacked channel, or action Leave (L) to leave the
attacked channel.
Action X here depends on the type of Attacker type. If
Attacker is a selfish one, X will be action Use (U) to use
the channel selfishly. If Attacker is a malicious one, X will
be action Attack (A) to continue attacking the channel for
being sure that the network can not retrieve the channel
by the extra sensing process.
The reason to choose action L may be twofold: the
attacker does not want to be caught by the defender or
does not want to waste its resource if the channel is really
occupied by an legitimate primary user.

• At va2, and va4, i.e., {A, idle} and {NA, idle} events,
the attacker does the only action normal Operation (nO)
which means the attacker behaves as the same as a normal
user since the state “idle” is declared.

• At va3, the attacker does the action L because it does not
perform attack at the sensing frame.

In summary, Attacker may have five possible combined ac-
tions: A-X, A-L, A-nO, NA-L, and NA-nO. Due to the uncon-
trollable impact of the sensing process, Attacker can have three
pure combined strategies as follows.

i) Strategy Sa1 = [A-X,A-nO] where the attacker performs
PUE attack at sensing frame. If sensing process declares
“busy” state, then Attacker will perform an extra-action
on the attacked channel at data frame. Otherwise, Attacker
operates as the same as other normal users at data frame.

ii) Strategy Sa2 = [A-L,A-nO] where Attacker performs PUE
attack at sensing frame. If sensing process declares “busy”
state, then Attacker will leave the channel at data frame.
Otherwise, Attacker operates as the same as other normal
users at data frame.

iii) Strategy Sa3 = [NA-L,NA-nO] where Attacker does not
perform PUE attack at sensing frame. At data frame,
Attacker will do nothing on the channel if sensing process
declares the state “busy”. Otherwise, Attacker operates
the same as a normal user.

The set of the strategies of Attacker is now denoted by
Sa = {Sai}.

For Defender, there are two information sets Vbusy =
{vd1, vd2, vd3} and Vidle = {vd4, vd5} corresponding to the
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state “busy” and the state “idle” of the declared sensing result.
Then, Defender may have the following actions:

• Defense (D) where Defender implements a defense pro-
cess during the data frame.

– If the game is formulated for the selfish attacker type,
D will be a Surveillance (S) process, which can help
to identify the selfish attacker.

– If the game is formulated for the malicious attacker
type, D will be an Extra sensing (ES) process,
which can help to retrieve the true channel state by
continually sensing the channel at the beginning of
data frame.

• No action (N) where Defender does not implement any
defensive action in the data frame

• No Defense (ND) where Defender does not consider
defending the channel due to the return of state “idle”
of the sensing process.

It can be seen that ND is the only option for defender when
the state “idle” is declared, while the defender can randomly
select D or N when the state “busy” is declared. Therefore, the
defender may select randomly one of the two pure combined
strategies:

i) Strategy Sd1 = [D,ND] where the defender implements a
defensive action during the data frame if the state “busy”
is declared and does not defend the channel otherwise.

ii) Strategy Sd2 = [N,ND] where the defender does not
implement a defensive action during the data frame if
“busy” is declared and does not defend the channel
otherwise.

The set of the strategies of Defender is now denoted by
SD = {Sdi}.

3) Mixed and behavioral strategies: So far, the introduced
game is a pure strategy game. Obviously, in practice, the
players will choose randomly their actions. Then the game
becomes a mixed-strategy game. Thus we define the mixed
strategies of the attacker and defender by{

σA = {σa1, σa2, σa3}
σD = {σd1, σd2} ,

(1)

where σai is the probability of selecting the pure strategy Sai
of the attacker, σdi is the probability of selecting the pure
strategy Sdi of the defender, i.e., σa1 + σa2 + σa3 = 1 and
σd1 + σd2 = 1.

The behavioral strategies, which are the mapping to give
probabilities to the actions available at an information set [13],
are defined for the attacker by

β
(va0)
A = {p, 1− p} ,
β
(va1)
A = {q, 1− q} ,
β
(va2)
A = β

(va3)
A = β

(va4)
A = {1} .

(2)

That is, in the information set va0, the attacker selects actions
A with probability p and NA with probability (1 − p), and
in the information set va1, the attacker performs action X
with probability q and action L with probability (1− q), etc.
Similarly, the behavioral strategies for the defender are defined

by {
β
(Vbusy)
D = {r, 1− r} ,
β
(Vidle)
D = {1} ,

(3)

where r and (1 − r) are the probabilities of selecting action
D and N in information set Vbusy .

The game formulated in Fig. 2 is a game with perfect
recall. Therefore, according to [19], the mixed and behavioral
strategies are outcome-equivalent. This means that we can
retrieve the behavioral strategies from the mixed strategies.
Indeed, we have  p = σa1 + σa2,

q = σa1/(σa1 + σa2),
r = σd1.

(4)

4) Payoffs and the induced normal form: Denote PSai;Sdja

and PSai;Sdjd are the payoffs for Attacker and Defender when
Attacker plays Sai and Defender plays Sdj . According to
Table I which provides the normal form of the game in Fig. 2
(where A-X is replaced with A-U or A-A and D is replaced
with S or ES with respect to selfish attacker type or malicious
attacker type), we obtain the following payoff values:

PSa1;Sd1π = pAP
A-X;D
π + (1− pA)P A-nO;ND

π

PSa1;Sd2π = pAP
A-X;N
π + (1− pA)P A-nO;ND

π

PSa2;Sd1π = pAP
A-L;D
π + (1− pA)P A-nO;ND

π

PSa2;Sd2π = pAP
A-L;N
π + (1− pA)P A-nO;ND

π

PSa3;Sd1π = pNP
NA-L;D
π + (1− pN )PNA-nO;ND

π

PSa3;Sd2π = pNP
NA-L;N
π + (1− pN )PNA-nO;ND

π

, (5)

where π is either a or d.

Table I
PAYOFF MATRIX OF THE INDUCED GAME

• Sd1 = [D,ND] Sd2 = [N,ND]

Sa1 = [A-X,A-nO] [P
Sa1;Sd1
a , P

Sa1;Sd1
d ] [P

Sa1;Sd2
a , P

Sa1;Sd2
d ]

Sa2 = [A-L,A-nO] [P
Sa2;Sd1
a , P

Sa2;Sd1
d ] [P

Sa2;Sd2
a , P

Sa2;Sd2
d ]

Sa3 = [NA-L,NA-nO] [P
Sa3;Sd1
a , P

Sa3;Sd1
d ] [P

Sa3;Sd2
a , P

Sa3;Sd2
d ]

Let us define some intermediate costs/gains related to play-
ers’ actions. Let us start with those associated with Attacker:
• CA is the cost for implementing PUE attack. This cost

may include many factors, in particular the transmitted
energy and the processing cost.

• CU is the cost for using the channel at the data frame.
This is the cost that a selfish attacker pays for transmitting
data.

• GU is the benefit of using the channel for any CR users at
one data frame. This is mainly the benefit on bandwidth
utilization.

• φC is the penalty for being captured by Defender if At-
tacker is selfish. This penalty could be either a decrease in
future allocated bandwidth resource or even an isolation
from the network to the detected selfish attacker.

• GM is the benefit of PUE attack if Attacker is malicious.
This benefit is essentially equivalent to the degradation
of the network due to malicious PUE attack.

Let us move on those associated with Defender:
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• CS is the cost for implementing the surveillance process
at the data frame. This cost is paid for receiving and
decoding the signal on the channel of interest to identify
its owner.

• GS is the benefit for capturing selfish attacker during the
surveillance process of data frame. This benefit is the
gain of having more bandwidth and more fairness for
other users by punishing the selfish attacker.

• CE is the cost for implementing extra spectrum sensing
process in malicious attacker’s case. This cost is used for
receiving and detecting if a channel is occupied or not.

• GE is the benefit of obtaining available channel by the
extra spectrum sensing process in malicious attacker’s
case.. This benefit is the gain of having more bandwidth
when the channel is detected to be free.

The payoffs for each pair of pure actions of Attacker and
Defender are then defined in Table II in the next section.
Notice that some action pairs in Table II are not defined yet
since only related to the general case.

5) Expected payoff: The expected payoffs of the attacker
and defender are determined by

UA (σA, σD) =
3∑
i=1

2∑
j=1

σaiσdjP
Sai;Sdj
a =

3∑
i=1

σaiU
Sai
a ,

UD (σA, σD) =
3∑
i=1

2∑
j=1

σaiσdjP
Sai;Sdj
d =

2∑
j=1

σdjU
Sdj
d ,

(6)
where {

USaia =
∑2
j=1 σdjP

Sai;Sdj
a ,

U
Sdj
d =

∑3
i=1 σaiP

Sai;Sdj
d .

(7)

B. Nash equilibrium for the selfish case

The Nash equilibrium (NE) is defined as the point where
each player in a game has selected the best response (or one
of the best responses) to the other players’ strategies. The
best response is the strategy (or strategies) playing on which a
player gains the highest payoff given other players’ strategies
[18]. In the channel surveillance game for the selfish case, the
NE is, therefore, defined by {σ∗A, σ∗D}, where{

UA (σ∗A, σ
∗
D) ≥ UA (σA, σ

∗
D) ,∀σA,

UD (σ∗A, σ
∗
D) ≥ UD (σ∗A, σD) ,∀σD.

(8)

In general, the NE of the game can be determined by searching
all strategy profiles of both the defender and attacker that
satisfy (8). Since the formulated game as shown in Table I is a
bi-matrix (2-player) game with low number of pure strategies,
we can obtain the closed-form of the mixed strategy NE by
determining the intersection of the two best response (BR)
function of each player. Then the NE behavioral strategies are
computed based on (4).

The expected payoff of Attacker in the selfish case for
playing each pure strategy Sai over all Defender’s strategies
are calculated according to (7), Table I, and Table II as follows. USa1a = pAρA (GU − σd1φC)− CA − pACU ,

USa2a = −CA,
USa3a = 0.

(9)

Similarly, the expected payoffs of Defender for playing each
pure strategy are given by:

USd1d = [pAρAGS − (pA − pN )CS ]σa1

− (pA − pN )CSσa2 − pNCS ,
USd2d =0.

(10)

Based on (9) and (10), we obtain the detailed NE for the mixed
strategies of the game given in Table I for the selfish case in
Result 1.

Result 1. The NE for the mixed strategies of the game given
in Table I for the selfish case is computed as follows.

1) If CA ≥ BU then σ∗A = {0, 0, 1}, σ∗D = {0, 1}.
2) If CA < BU then

a) If GS ≤ G0 then σ∗A = {1, 0, 0}, σ∗D = {0, 1},
b) If GS > G0 then

i) if CA > BCU ⇒

{
σ∗A = {σ(0)

a1 , 0, σ̄
(0)
a1 },

σ∗D = {σ(0)
d1 , σ̄

(0)
d1 },

ii) if CA ≤ BCU ⇒ σ∗A = {1, 0, 0}, σ∗D = {1, 0},

where G0 = CS/ρA,
{
BU = pA(ρAGU − CU ),
BCU = BU − pAρAφC ,{

σ
(0)
a1 = pNCS

pAρAGS−(pA−pN )CS
,

σ̄
(0)
a1 = 1− σ(0)

a1 ,
and

{
σ
(0)
d1 = BU−CA

pAρAφC
,

σ̄
(0)
d1 = 1− σ(0)

d1 .

Proof. See Appendix A

Substituting Result 1 into (4), we can determine the NE
of the behavioral strategies, i.e., the probabilities p, q, and
r. Hereafter, we interpret Result 1. When the PUE attacking
cost CA is too high, the NE says the attacker to stay inactive
(σ∗a3 = 1). Then Defender does not have to monitor the
channel (σ∗d2 = 1). Similarly, when the gain for capturing
illegal attacker GS is too low, Defender will not implement
the surveillance process (σ∗d1 = 0). The derivations of the NE
confirm the intuition but provide the thresholds for CA and
GS . Moreover, in-between, the solution is not straightforward
for the NE (see item 2(b)i in Result 1) and our result shows
the values to choose.

When the attacker is captured, its punishment consists
of banning it for the access to the radio resources. As a
consequence, the saved radio resources will be beneficial for
the rest of the network which implies that GS depends on the
being captured penalty φC and on the network demand kb. For
sake of simplicity, we assume GS = kbφC . In addition, we
assume φC = kCGU with kC a non-negative penalty factor.
Notice that the NE only depends on kb and kC when the
using, attack, and surveillance costs and the probabilities of
detection, false-alarm and presence of primary signal as well
as the network are fixed. We also consider CA < BU which
corresponds to the non-trivial case and also to most networks.
We then have the following remarks.

Remark 1. Let CA < BU . If kC is fixed, NE depends on kb,
and Result 1 leads to

1) If kb ≤ K0 then σ∗A = {0, 0, 1}, σ∗D = {0, 1},
2) If kb > K0 then

a) if kC > K1
C then

{
σ∗A = {σ(0)

a1 , 0, σ̄
(0)
a1 },

σ∗D = {σ(0)
d1 , σ̄

(0)
d1 },
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b) if kC ≤ K1
C then σ∗A = {1, 0, 0}, σ∗D = {1, 0},

where K0 = CS
kCρAGU

, K1
C = BU−CA

pAρAGU
.

Remark 2. Let CA < BU . If kb is fixed, NE depends on kC ,
and Result 1 leads to

1) If kC ≤ K0
C then σ∗A = {0, 0, 1}, σ∗D = {0, 1},

2) If kC > K0
C then

a) If kb ≤ K1 then

{
σ∗A = {σ(0)

a1 , 0, σ̄
(0)
a1 },

σ∗D = {σ(0)
d1 , σ̄

(0)
d1 },

b) If kb > K1 then

i) if kC > K1
C ⇒

{
σ∗A = {σ(0)

a1 , 0, σ̄
(0)
a1 },

σ∗D = {σ(0)
d1 , σ̄

(0)
d1 },

ii) if kC ≤ K1
C ⇒ σ∗A = {1, 0, 0}, σ∗D = {1, 0},

with K1 = pACS
BU−CA , K0

C = CS
kbρAGU

.

C. Nash equilibrium for the malicious case

In this subsection, we consider the game given in Table I
for the malicious case. The expected payoff of Attacker and
Defender for playing each pure strategy are calculated based
on (7) and Table II by USa1a = pAρAGM − CA (1 + pA) ,

USa2a = −CA,
USa3a = 0,

(11)

and 
USd1d =− σa1pACE + σa2pA (ρAGE − CE)

+ σa3pN (ρNGE − CE) ,

USd2d =0.

(12)

Result 2. The NE for the mixed strategies of the game given
in Table I for the malicious case is computed as follows.
• If GM > G

(0)
M then σ∗A = {1, 0, 0} and σ∗D = {0, 1}.

• If GM = G
(0)
M then σ∗A = {α, 0, ᾱ} and σ∗D = {0, 1},

where α ∈ [0, 1] and ᾱ = 1− α.
• If GM < G

(0)
M then

– If GE ≤ G(0)
E then σ∗A = {0, 0, 1} and σ∗D = {0, 1},

– Otherwise, σ∗A = {0, 0, 1} and σ∗D = {1, 0}.
where G(0)

M = CA(1+pA)
pAρA

and G(0)
E = CE

ρN
.

Proof. See Appendix B

Result 2 shows that both the malicious attacker and the
defender behave according to its own profit, i.e., GM , GE .
GM is equivalent to how much damage that a malicious attack
could cause to the CR network. Therefore, it is proportional
to how gain/benefit to use the channel and how necessary
that the CR network needs to use that channel. Without lost
of generality, we consider GM = kbGU , where GU and kb
are similar to those defined in the previous section. GE is
equivalent to how much benefit that the network can obtain if
the extra-sensing process returns an availability of the channel.
The extra-sensing process should be conducted when the
network needs more channel resource for transmitting data.
Hence, without lost of generality, we assume GE = GU .

Besides, since the extra-sensing cost CE is normally smaller
than the attacking cost CA we also assume that CE < CA.

In next result, we analyze precisely the constraints on the
introduced parameters and the corresponding NE points given
in Result 2.

Remark 3. Let

{
π
(0)
0 = CEPD

CEPD+(GE−CE)PF
,

π
(1)
0 =

CA(1+PD|A)

GUPF |Akb+CA(PD|A−PF |A) ,

G
(0)
U = CA

(
1 + 1

PF |A

)
, and k

(0)
b =

G
(0)
U

GU
. The NE points

given in Result 2 are equivalent to the following cases:

• If GU ≤ CE , then σ∗A = {0, 0, 1} and σ∗D = {0, 1}.
• If CE < GU < G

(0)
U , then

– If π0 ≤ π(0)
0 , then σ∗A = {0, 0, 1} and σ∗D = {0, 1},

– If π0 > π
(0)
0 , then σ∗A = {0, 0, 1} and σ∗D = {1, 0}.

• If GU = G
(0)
U , then σ∗A = {α, 0, ᾱ} and σ∗D = {0, 1},

where α ∈ [0, 1] and ᾱ = 1− α.
• If GU > G

(0)
U , then

– If kb < k
(0)
b , then

∗ if π0 ≤ π(0)
0 , then

{
σ∗A = {0, 0, 1} ,
σ∗D = {0, 1} ,

∗ if π0 > π
(0)
0 , then

{
σ∗A = {0, 0, 1} ,
σ∗D = {1, 0} ,

– If kb = k
(0)
b , then

{
σ∗A = {α, 0, ᾱ} ,
σ∗D = {0, 1} ,

– If kb > k
(0)
b , then

∗ if π0 ≤ π(0)
0 , then

{
σ∗A = {0, 0, 1} ,
σ∗D = {0, 1} ,

∗ if π(0)
0 < π0 < π

(1)
0 , then

{
σ∗A = {0, 0, 1} ,
σ∗D = {1, 0} ,

∗ if π0 = π
(1)
0 , then

{
σ∗A = {α, 0, ᾱ} ,
σ∗D = {0, 1} ,

∗ if π0 > π
(1)
0 , then

{
σ∗A = {1, 0, 0} ,
σ∗D = {0, 1} .

IV. THE GENERAL TYPE OF ATTACKER CASE

In a general case, a CR network may suffer from various
attackers of either selfish type or malicious one. Therefore, an
attacker can know his own type but the defender cannot know
exactly what type of the attacker is playing. And both of the
players do not know the action of the opponent as well as the
a prior probability of attacker’s type. The game is therefore
a simultaneous-move game with incomplete information or in
other word a static Bayesian game.

In order to handle such a Bayesian game where player has
many types, Harsanyi has proposed to add a move of a third
player “Nature” at the beginning of the game [17] to decide
the types of player based on a common prior assumption
(CPA). In our game, the “Nature” assigns common prior
probability of δ for selfish attacker type and (1 − δ) for
malicious attacker type. The value of δ may be estimated
through a learning process [20] of the defender or the network
management entity and becomes common owning to the infer-
ence of attackers based on management’s messages exchanged
on the network. The game for the general PUE attack case is
illustrated in Fig. 3.
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Figure 3. The channel surveillance game for the general case

A. Elements of the game

1) Player set: Γ = {Attacker,Defender}, with Attacker
either a selfish or a malicious one.

2) Pure strategy set: At the data frame, the
attacker has eight information sets (four for
each type): [{v(s)a1 }, {v

(s)
a2 }, {v

(s)
a3 }, {v

(s)
a4 }], and

[{v(m)
a1 }, {v

(m)
a2 }, {v

(m)
a3 }, {v

(m)
a4 }]. Due to the incomplete

information, pure strategies of Attacker in the general case
are formulated by combining the pure strategy sets of both
attacker’s types:

La = {Lai} = {[S(s)
aj , S

(m)
ak ]}. (13)

where i = 1, ..., 9, and [S
(s)
aj , S

(m)
ak ], (j, k = 1, 2, 3) is a pure

combined strategy of the general type attacker and means that
Attacker will select S(s)

aj when it has selfish type and S
(m)
ak

when it has malicious type.
On the other hand, Defender has only two

information sets at the data frame: Ibusy and Iidle
where Ibusy = {v(s)d1 , v

(s)
d2 , v

(s)
d3 , v

(m)
d1 , v

(m)
d2 , v

(m)
d3 } and

Iidle = {v(s)d4 , v
(s)
d5 , v

(m)
d4 , v

(m)
d5 }.

• At Iidle, Defender performs action No Defense (ND)
which has a similar meaning to the action ND described
in the previous section.

• At Ibusy , Defender chooses one of the four below actions:

– Surveillance (S) which is equivalent to action S in
the selfish attacking case

– Extra Sensing (ES) which is equivalent to action ES
in the malicious attacking case

– Surveillance and Sensing (SS) which means that the
defender performs both the surveillance and sensing
processes simultaneously

– No action (N) which is similar to the action N in
the previous section

Therefore, there are four combined pure strategies for the

defender in the game with general attacker case as follows.

Ld = {Ldi} =

{
Ld1 = [S,ND];Ld2 = [ES,ND];
Ld3 = [SS,ND];Ld4 = [N,ND]

}
. (14)

3) Mixed and behavioral strategies: The mixed strategies
of the attacker and defender are defined by{

λA = {λai, i = 1, ..., 9, }
λD = {λdj , j = 1, ..., 4, } (15)

where λai and λdi are the probabilities of selecting the pure
strategies Lai and Ldi for the attacker and the defender. This
means that

∑9
i=1 λai = 1 and

∑4
i=1 λdi = 1.

The behavioral strategies of the attacker βA in the cases of
selfish type and malicious type are as the same as (2). The
behavioral strategies of the defender are{

βD
(Ibusy) = {r, z, t, u}

βD
(Iidle) = {1}

, (16)

where r, s, t, u are the probabilities of performing S, ES, SS,
N, respectively, and r + z + t+ u = 1.

4) Payoffs and the induced normal form: The payoffs for
each pair of actions are presented in Table II. Compare to the
payoffs in the two previous game, there is a new action case
SS that needs to be analyzed here. First we want to remind
that the SS action is only performed after the “busy” state has
been declared, and the action SS includes a surveillance and a
sensing process conducted simultaneously. Typically, a sensing
process is shorter and cheaper than a surveillance process.
According to the true state of as well as the attacking operation
of the attacker on the channel at the data frame, there are two
values for the cost of this action as follows.
• If the channel is really empty, the action SS will be inter-

rupted as soon as the sensing process detect the true state
of the channel. Therefore, it can be considered that action
SS is half-implemented, and the cost is C(h)

SS ≈ CES .
• If the channel is really occupied due to the presence of

primary signal or the use of a selfish attacker, or the



8

transmission emulation signal of a malicious attacker, the
action SS is fully performed. Thus, cost is C(f)

SS ≈ CS +
CES .

Table II
PAYOFFS IN GENERAL PUE ATTACK CASE

Type Action pair Attacker payoff Defender payoff
qa; qd (P

qa;qd
a ) (P

qa;qd
d )

Se
lfi

sh

A-U;S −CA − CU + ρAGU − ρAφC −CS + ρAGS

A-U;ES −CA − CU + ρAGU −CE

A-U;SS −CA − CU + ρAGU −C(f)
SS + ρAGS

A-U;N −CA − CU + ρAGU 0
A-L;S −CA −CS

A-L;ES −CA −CE + ρAGE

A-L;SS −CA −C(h)
SS + ρAGE

A-L;N −CA 0
A-nO;ND −CA 0
NA-L;S 0 −CS

NA-L;ES 0 −CE + ρNGE

NA-L;SS 0 −C(h)
SS + ρNGE

NA-L;N 0 0
NA-nO;ND 0 0

M
al

ic
io

us

A-A;S −2CA + ρAGM −CS

A-A;ES −2CA + ρAGM −CE

A-A;SS −2CA + ρAGM −C(f)
SS

A-A;N −2CA + ρAGM 0
A-L;S −CA −CS

A-L;ES −CA −CE + ρAGE

A-L;SS −CA −C(h)
SS + ρAGE

A-L;N −CA 0
A-nO;ND −CA 0
NA-L;S 0 −CS

NA-L;ES 0 −CE + ρNGE

NA-L;SS 0 −C(h)
SS + ρNGE

NA-L;N 0 0
NA-nO;ND 0 0

The game formulated for general attacker case as shown in
Fig. 3 can now be re-presented in the induced normal form of a
9×4 bi-matrix game matrix [13] as shown in Table III in which
the payoffs of the defender and the attacker are determined by

ΠLai;Ldn
π = δP

S
(s)
aj ;Ldn

π + (1− δ)PS
(m)
ak ;Ldn

π . (17)

where π can be either a or d, i = 1, ..., 9, j, k = 1, ..., 3, and
n = 1, ..., 4. The payoffs for the attacker and the defender of
each pair of the pure strategies P qa;qdπ is computed by:

P qa;qdπ =

{
pAP

A1;B
π +(1−pA)PA2;B

π if qa ∈ {A−}
pNP

A1;B
π +(1−pN )PA2;B

π if qa ∈ {NA−},
(18)

where qa = [A1, A2], qd = [B] represent the pure strategies
of the attacker and the defender, where {A−} and {NA−}
correspond to sub-strategy sets of the attacker where the action
A and NA are played at the sensing frame, and where PA1;B

π

and PA2;B
π are determined in Table II. For example, ΠLa1,Ld1

a

in Table III is calculated by:

ΠLa1;Ld1
a =P

[
S

(s)
a1 ,S

(m)
a1

]
;Ld1

a

=δP
S

(s)
a1 ;Ld1

a + (1− δ)PS
(m)
a1 ;Ld1

a

=δ
[
pAP

A-U;S
a + (1− pA)P nO;ND

a

]
+ (1− δ)

[
pAP

A-A;S
a + (1− pA)P nO;ND

a

]
.

(19)

B. Nash equilibrium
In the previous subsection, the game for general attacker

case has been formulated in the induced normal form of 9×4

bi-matrix game. Finding a closed form of the NE for such a
large bi-matrix is not trivial and necessary. Instead, it has been
proven that any bi-matrix games have at least one NE point,
and the NE point can be simply and effectively computed by
Lemke and Howson (L-H) algorithm [21]–[23] or some other
algorithms such as lrsnash and EEE [24]. Due to small scale
computational requirement, in this paper, we propose to adopt
L-H algorithm to find the NE for the game in the general
attacking case.

V. SIMULATION RESULTS

In this section, we use numerical simulations to confirm
the analytic results and to analyze more deeply the influ-
ence of some design parameters. Unless otherwise stated, the
parameters are fixed as follows: CA = 10, CS = .4CA,
CE = .2CA, CU = .3CA, GU = 5CA, kC = 5, π0 = .5,
PF = .1, and PD = .9. We assume that the sensing
system adopts energy detection method and PUE attacker
can perfectly emulate the primary signal, i.e., PF |A = PD
and pA = π0PD + (1− π0)PD|A ≥ PD. For the sake
of simplicity, the channel between sensing device and both
primary transmitter and PUE attacker are assumed to be
AWGN channels, and the average SNR of the primary signal
received at sensing engine is -10dB.

In order to verify the correctness of the analysis for the
selfish attack case, numerical simulations of the NE have also
been carried out with the L-H algorithm. Without loss of
generality, the above selected parameters correspond to the
most significant case CA < BU .

Fig. 4 shows the NE obtained by the theoretical analysis
and the L-H algorithm with respect to values of network
demand kb for a low penalty factor (kC = 0.4 < K1

C),
and a high penalty factor, (kC = 3 > K1

C) cases. We can
see the perfect agreement between the theoretical analysis
given in Remark 1 and simulated results. For low kC (see
Fig. 4(a)), the NE strategy of the attacker is to attack regardless
of the operation of the defender which has to implement the
surveillance process when the network demand kb is higher
than K0. The reason is that the penalty is too low to enforce
the attacker to avoid attack. For high kC (see Fig. 4(b)), when
kb < K0, the NE point is similar. However, when kb > K0,
the defender just needs to maintain a low constant surveillance
rate while the attacker has to decrease the attacking rate
along with the increase of network demand since increasing
network demand will increase the motivation for the defender
to perform surveillance process.

In Fig. 5, we plot the NE obtained by the theoretical analysis
and the L-H algorithm with respect to the penalty factor kC for
a high network demand (kb = 0.8 > K1) and a low network
demand (kb = 0.2 < K1). As mentioned in Remark 2, we
observe that the attack and the surveillance rates will be very
low as soon as the penalty factor is large enough.

Similar to the simulations in the selfish case, we also adopt
L-H algorithm to verify the NE analysis for the malicious
attacking case. The already-selected parameters correspond to
the most interesting case GU > G

(0)
U .

Fig. 6 demonstrates the agreement of the analytic results and
the numerical results. It can be seen that the NE point depends
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Table III
PAYOFF MATRIX OF THE BAYESIAN CHANNEL SURVEILLANCE GAME FOR THE GENERAL PUE ATTACKER CASE

Ld1=[S,ND] Ld2=[ES,ND] Ld3=[SS,ND] Ld4=[N,ND]
(λd1) (λd2) (λd3) (λd4)

La1 =
[
S
(s)
a1 , S

(m)
a1

]
- (λa1)

[
Π

La1;Ld1
a ,Π

La1;Ld1
d

] [
Π

La1;Ld2
a ,Π

La1;Ld2
d

] [
Π

La1;Ld3
a ,Π

La1;Ld3
d

] [
Π

La1;Ld4
a ,Π

La1;Ld4
d

]
La2 =

[
S
(s)
a1 , S

(m)
a2

]
- (λa2)

[
Π

La2;Ld1
a ,Π

La2;Ld1
d

] [
Π

La2;Ld2
a ,Π

La2;Ld2
d

] [
Π

La2;Ld3
a ,Π

La2;Ld3
d

] [
Π

La2;Ld4
a ,Π

La2;Ld4
d

]
La3 =

[
S
(s)
a1 , S

(m)
a3

]
- (λa3)

[
Π

La3;Ld1
a ,Π

La3;Ld1
d

] [
Π

La3;Ld2
a ,Π

La3;Ld2
d

] [
Π

La3;Ld3
a ,Π

La3;Ld3
d

] [
Π

La3;Ld4
a ,Π

La3;Ld4
d

]
La4 =

[
S
(s)
a2 , S

(m)
a1

]
- (λa4)

[
Π

La4;Ld1
a ,Π

La4;Ld1
d

] [
Π

La4;Ld2
a ,Π

La4;Ld2
d

] [
Π

La4;Ld3
a ,Π

La4;Ld3
d

] [
Π

La4;Ld4
a ,Π

La4;Ld4
d

]
La5 =

[
S
(s)
a2 , S

(m)
a2

]
- (λa5)

[
Π

La5;Ld1
a ,Π

La5;Ld1
d

] [
Π

La5;Ld2
a ,Π

La5;Ld2
d

] [
Π

La5;Ld3
a ,Π

La5;Ld3
d

] [
Π

La5;Ld4
a ,Π

La5;Ld4
d

]
La6 =

[
S
(s)
a2 , S

(m)
a3

]
- (λa6)

[
Π

La6;Ld1
a ,Π

La6;Ld1
d

] [
Π

La6;Ld2
a ,Π

La6;Ld2
d

] [
Π

La6;Ld3
a ,Π

La6;Ld3
d

] [
Π

La6;Ld4
a ,Π

La6;Ld4
d

]
La7 =

[
S
(s)
a3 , S

(m)
a1

]
- (λa7)

[
Π

La7;Ld1
a ,Π

La7;Ld1
d

] [
Π

La7;Ld2
a ,Π

La7;Ld2
d

] [
Π

La7;Ld3
a ,Π

La7;Ld3
d

] [
Π

La7;Ld4
a ,Π

La7;Ld4
d

]
La8 =

[
S
(s)
a3 , S

(m)
a2

]
- (λa8)

[
Π

La8;Ld1
a ,Π

La8;Ld1
d

] [
Π

La8;Ld2
a ,Π

La8;Ld2
d

] [
Π

La8;Ld3
a ,Π

La8;Ld3
d

] [
Π

La8;Ld4
a ,Π

La8;Ld4
d

]
La9 =

[
S
(s)
a3 , S

(m)
a3

]
- (λa9)

[
Π

La9;Ld1
a ,Π

La9;Ld1
d

] [
Π

La9;Ld2
a ,Π

La9;Ld2
d

] [
Π

La9;Ld3
a ,Π

La9;Ld3
d

] [
Π

La9;Ld4
a ,Π

La9;Ld4
d

]
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Figure 4. NE of the game in the selfish case vs. kb when (a) kC = 0.4 < K1
C

or (b) kC = 3 > K1
C

on CR network’s demand and the operation of primary users
which are represented through kb and π0, respectively. When
the operation of primary users on the channel is too high, i.e.,
π0 < π

(0)
0 , no benefit to perform the extra-sensing process as

well as the PUE attack could be achieved. Thus, the best strat-
egy is taking neither the extra-sensing process nor the attack.
When the probability of channel’s availability is higher, i.e.,
π
(0)
0 < π0 < π

(1)
0 , the possible damage caused to the CR net-

work by the attacker is still not large enough (compared to the
possible cost) to motivate the attacker taking the PUE attack,
whereas the benefit of increasing the probability of channel’s
usage is high enough to force the defender conducting the
extra-sensing process. As a result, µ∗a1 = 0 and µ∗d1 = 1 in
this region. Next, when the operation of primary users on
the channel is very low, i.e., π0 > π

(1)
0 , the possible damage

caused to the CR network by the attacker depends on kb and
π0. If π0 exceeds the threshold π

(1)
0 (kb), or equivalently kb

exceeds a threshold gkb (π0) = CA
GU

(
PD|A−PF |A

PF |A
+

1+PD|A
π0PF |A

)
,
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Figure 5. NE of the game in the selfish case vs. kC when (a) kb = 0.8 > K1

or (b) kb = 0.2 < K1

the adverse impact of the malicious attack will be high enough
to motivate an malicious PUE attack. Meanwhile, the defender
will not select to perform the extra-sensing process since the
benefit is not enough in this region. In summary, the results as
shown in Fig. 6 illustrate the correctness of the results given
in Result 2 and Remark 3.

For the game of the general attacking case as formulated in
Section IV, we set C(h)

SS = CE , C(f)
SS = CE+CS , and δ = 0.5

for the simulation. Since it is a 9 × 4 bi matrix game, it is
not easy to obtain the NE point manually. The L-H algorithm
is adopted for finding NE point instead. Notice that the L-H
algorithm in each tested set-up has always converged in a few
iterations and its time of convergence was thus compatible
with the coherence time of system parameters.

Firstly, we want to find the relation between parameters and
the NE point. We set kC = 5 which is large enough for this
simulation. In addition, for attacker case, we only plot the
non-zero NE strategies among the 9 attacking strategies.

Fig. 7 illustrates the relation between π0 and the NE
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Figure 6. NE of the game in the malicious case vs. kb and π0: (a) Attacker’s
NE strategy σ∗

a1, and (b) Defender’s NE strategy σ∗
d1

point. For attacker point of view (see Fig. 7(a)), it can
be seen that there are only 4 non-zero mixed strate-
gies including λ∗a1, λ

∗
a3, λ

∗
a4, and λ∗a9 which correspond to

[S
(s)
a1 , S

(m)
a1 ], [S

(s)
a1 , S

(m)
a3 ], [S

(s)
a3 , S

(m)
a1 ], and [S

(s)
a3 , S

(m)
a3 ]. This

means that the mixed strategies which contain either S(s)
a2 or

S
(m)
a2 are dominated. The NE point varies according to the

value of π0, and there are approximately three regions:
• the low π0 region where the main attacking strategies

should be A-U and NA for selfish attacker type and NA
for malicious attacker type,

• the middle π0 region where the main attacking strategies
should be A-U and NA for selfish attacker type and A-A
and NA for malicious attacker type,

• and the high π0 region where the main attacking strategies
should be A-U and NA for selfish attacker type and A-A
for malicious attacker type.

For defender point of view (see Fig. 7(b)), it can be seen
that the mixed strategy λ∗d2 is equal to zero for all cases of
π0. This means that the strategy ES is dominated. There are
also three regions of NE points along with the increase of π0:
• the low π0 region where the defender does not perform

the defensive strategies.
• the middle π0 region where the defender only performs

the strategy SS.
• the high π0 region where the defender may perform either

the strategy SS or the strategy S. However, it should be
noted that the probability of performing the strategy SS
is much larger than that of performing the strategy S.

This means that the defender only defends when π0 is large
enough, and the preferable defensive strategy is SS. The reason
is that the cost for implementing SS, which is a combined
strategy of ES and S, is more saving due to the flexibility by
interrupting surveillance process if the channel is found to be
empty after the sensing process.

Fig. 8 illustrates the relation between kb and the NE point
in the case where π0 = 0.5. For attacker point of view (see
Fig. 8(a)), it can be seen that there is the same behavior of
the attacker with respect to the variation of kb compared to
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Figure 7. Attacker’s and Defender’s NE with respect to difference values of
π0, where kb = 0.5, and kC = 5

the variation of π0, i.e., there are also four regions of kb
having similar best response strategies. For defender point
of view (see Fig. 8(b)), the strategy SS almost dominates
other strategies. There is a very small probability of taking
the strategy S when kb is large (kb > 0.5).
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Figure 8. Attacker’s and Defender’s NE with respect to difference values of
kb, where π0 = 0.5, and kC = 5

Finally, we want to illustrate the robustness of the proposed
defender strategies to the mismatch on the probability of
attacker’s type δ at both the defender’s and the attacker’s
sides. It is worth reminding that the prior knowledge of
the probability of attacker’s type can be practically obtained
through an estimation or a learning process. We denote the
probability of attacker’s type at the attacker side and at the
defender side by δA and δD. Fig. 9 shows the utilities of the
defender and the attacker with respect to different value of
δ in the case where π0 = 0.5, kb = 0.5, and kC = 5. For
each case of δ, we depict the utilities of the defender and the
attacker for all possible values of δD and δA, respectively. It
can be seen that utility of the attacker decreases proportionally
to the mismatch between δ and δA. Interestingly, utility of
the defender is almost unchanged when δD is varied from δ.
The reason is that the preferable NE strategy of the defender
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as shown in previous simulations is the strategy SS which
can counterpart either the types of attacker. The defender NE
strategy thus is nearly independent of PUE attacker types.

0

0.5

1
0 0.2 0.4 0.6 0.8 1

−10

0

10

20

30

40
 

δ
A

 

δ
D

U
til

ity

True U
A

True U
D

Possible U
A

Possible U
D

Figure 9. Attacker’s and defender’s utilities with imperfect knowledge of δ
where π0 = 0.5, kb = 0.5, and kC = 5

VI. CONCLUSION

We have discussed a game theory-based approach to coun-
teract the serious security problem of PUE attack in CR
networks. We have considered three types of PUE attacker:
selfish, malicious, and mixed between selfish and malicious
PUE attacker. We have determined the equilibrium points
for the three games: channel surveillance game, extra-sensing
game, and general game. The results exposed that for a known
set of parameters, the equilibrium points strongly depend on
the network demand which may vary according to network
load and the available spectrum resource. For the general
case of PUE attacker, i.e., the mixed selfish and malicious
attacker, the equilibrium points also depend on the type of
attacker. Though the equilibrium points are contingent on
various parameters, they can be simply computed by Lemke
and Howson algorithm. Particularly, by adopting a combined
defensive strategy of extra-sensing and surveillance processes,
the proposed method is a good candidate for combating the
PUE attackers.

APPENDIX A
PROOF OF RESULT 1

It can be seen from (9) that USa2a < USa3a ,∀σd1 and USa3a

is equal to 0, hence the sign of USa1a , a first-order function
with only one variable σd1, determines the BR of Attacker.
In this case, the BR of Attacker is the selection between Sa1
and Sa3. If USa1a > 0 the BR is Sa1. If USa1a < 0 the BR is
Sa3. Otherwise, the BR is a mixed strategy between Sa1 and
Sa3. By some simple algebraic manipulations, we obtain the
following BR function of Attacker:

σBRA =

 {1, 0, 0} if CA ≤ BCU ,
f (σd1) if BCU < CA < BU ,
{0, 0, 1} if CA ≥ BU ,

(20)

where

f (σd1) =


{1, 0, 0} if σd1 < σ

(0)
d1 ,

{σa1, 0, 1− σa1} if σd1 = σ
(0)
d1 ,

{0, 0, 1} if σd1 > σ
(0)
d1 .

(21)

From (10), we can see that USd1d is a first-order function
with two variables σa1 and σa2 and USd2d is equal to zero. Thus
the BR of the defender is calculated by considering the sign
of USd1d . If USd1d is positive, negative or equal to zero, then
the BR of the defender is Sd1, or Sd2, or a mixed strategy
between Sd1 and Sd2, respectively. The BR function of the
defender is determined by

σBRD =


{0, 1} if GS ≤ G0,

g1 (σa1, σa2) if G0 < GS < G1,
g2 (σa1, σa2) if GS = G1,
g3 (σa1, σa2) if GS > G1,

(22)

where G1 = (2pA − pN )CS/ (pAρA). Functions g1, g2, and
g3 are computed by

g1 =


{1, 0} if σa1>g(σa2),σa2<σ

(0)
a2 ,

{σd1, 1− σd1} if σa1=g(σa2),σa2≤σ(0)
a2 ,

{0, 1} if

[
∀σa1,σa2>σ(0)

a2 ,

σa1<g(σa2),σa2≤σ(0)
a2 ,

(23)

g2 =

 {1, 0} if σa1>g(σa2),σa2<σ
(0)
a2 ,

{σd1, 1− σd1} if σa1 = g (σa2),
{0, 1} if σa1 < g (σa2),

(24)

and

g3 =

 {1, 0} if σa1 > g (σa2),
{σd1, 1− σd1} if σa1 = g (σa2),
{0, 1} if σa1 < g (σa2),

(25)

where the function g (σa2) is given by

g(σa2) =
(pA − pN )CSσa2 + pNCS
pAρAGS − (pA − pN )CS

, (26)

and σ(0)
a2 is the the root of the equation g(σa2) = 1 obtained

as

σ
(0)
a2 =

pAρAGS − pACS
(pA − pN )CS

. (27)

Finding the intersection between the best response functions
(20) and (22), we obtain the NE in Result 1 for the mixed
strategies of the game in Table I for the selfish case.

APPENDIX B
PROOF OF RESULT 2

It can be seen from (11) that USa2a < USa1a and
USa1a < USa3a for all σd1 and σd2. Thus, Sa2 is dominated.
This means that σa2 = 0,∀σd1, σd2. We can obtain the
following BR for attacker

σBRA =


{1, 0, 0} if GM > G

(0)
M ,

{σa1, 0, 1− σa1} if GM = G
(0)
M ,

{0, 0, 1} if GM < G
(0)
M .

(28)
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Considering the game in Table I given that Sa2 is dominated,
we can compute the following BR functions for defender:

σBRD =

{
{0, 1} if GE ≤ G(0)

E ,

h (σa1) if GE > G
(0)
E .

(29)

where

h (σa1) =


{0, 1} if σa1 > σ

(0)
a1 ,

{σd1, 1− σd1} if σa1 = σ
(0)
a1 ,

{1, 0} if σa1 < σ
(0)
a1 ,

(30)

and σ(0)
a1 = pN (ρNGE − CE)/(pNρNGE + (pA − pN )CE).

Intersect (28) and (29), we obtain Result 2.
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